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Die Tagungsleitung hatten R.Baer (Frankfurt), W. Gaschiitz (Kiel)
und K. Gruenberg (London). Das Tagungsthema "Gruppentheoretische

Eigenschaften" umfaft einen grofen Teil der gegenwidrtigen Gruppen-

theorie. Dabei versteht man unter einer gruppentheoretischen Eigen-
schaft éine isomorphismenabgeschlossene Klasse von Gruppen. Beispiele
fiir solche Eigenschaften sind etwa (lokal) nilpotent, (lokal) auf-
16sbar, (lokal) endlich, FC-Gruppe etc., aber auch jede Formation
und jéde Varietdt. Diese Begriffe bilden auch schon den Rahmen fir
die Mehrzahl der Vortrdge. Ferner wurde gesprochen in drei Vortrégen

iiber Subnormalteilertheorié (davei sei etwa, um den Zusammenhang mit

~dem Thema herzustelien, auf Roseblades koaleszente Klassen hingewie-

sen), iiber Eigenschaften allgemein in drei weiteren Vortrégén, Uber

Dimensionsuntergruppen und, wie bei einer solchen Tagung nicht an-
deré zu erwarten, iliber einige Gegenstéﬂdéﬂ(BURNSIDE—Algebra, Stabi-
litétsgruppeh etc.),'die sich nicht unter das Thema subsummieren.
lassen, | |

Als besonders giinstig erwies es sich, dap die Tagungsleiter schon
frihzeitig einige~Mathematiker dazu aufforderten, einen ﬁberbiick
liber ihr Forschungsgebiet zu geben. Die sb zustande gekommenen
ﬁbersichtsvortrége von Barnes, Fischer, Hartley, Heineken, Kegel,
P.M.Neumann, Robinson, Roseblade bildeten einen wichtigen Bestand-
teil der Tagung. Die Teilnehmer kamen aus Australien, England,

Frankreich, USA und Deutschland.
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Vortragsausziige

AMBERG, B.: Erweiterungen gruppentheoretischer Eigenschaften

Sei O eine Klasse von geordneten Paaren (f,zp faktorenvererblicher
Eigenschaften 4 und ¢ . Eine Gruppe G heift hyper-C?—Gruppe, wenn
jedes epimorphe Bild H #+ 1 von G einen Normalteiler N + 1 besitzt"
derart, dap N eine ¢ -Gruppe und H/C’HN eine Ag-Gruppe ist fiir eih
Paar (¢ ,19) in © . .

Satz 1 : Sind §# und hyper-© Eigenschaften Artinscher auflésbarer

Gruppen, ist @ faktorenvererblich, so sind &dquivalent:

. '
DFG Deutsche :
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(1) Jede Erweiterung einer § -Gruppe durch eine hyper-(? Gruppe

ist eine hyper—() Gruppe. _ } -
(II)VJede‘endliche zerfallende-Erweiferung eines eindeutig‘be;
Stimmten minimalen Normalteilers mit der Eigenschaft f durch eine
hyper- ®-Gruppe ist eine hyper- @ -Gruppe. ‘

Satz 2 : Ist hyper-© eine Eigenschaft auflﬁsbarer Gruppen; SO ista'
die Artinsche‘Gruppe G'genau dann eine hyper—(?—Gruppe,'wenn‘giltéu
(*) Ist E eine endlich erzeugbare Untergruppe von G; so ist die

Frattini-Faktorgruppe E/E eine hyper- @-Gruppe.

BARNES, D.W.: Formations of Lie algebras

A brief outline of the theory of formations, Schunék classes and prdﬁ;i 
_jectors for Lie algebras, and éoﬁpérison with the cofresponding theory
for finite groups. The principal differences are

(1) For fields of characteristic p, the conjugaéy theorem holds oniy
under the assumption that the intersection of the terms ofvthe_deé-
cending central series satisfies the (p- 1)St Engel condition.

(2) If the fleld is not algebralcally closed, then not all saturated .
formations are locally deflnable.

(3) If the field is algebraically closed of characteristic O, then

the only Schunck classes are the.zero.class, the ciasé of nilpotent

algebras and the class of all soluble algebras.

BLESSENOHL; D. : Zur Theorie der Schunckklassen und gesdttigten
- Formationen S

Mit ﬁlsel die Klasse der endllchen aufldsbaren Gruppen bezelchnet.
Sei ‘Sc 0 eine Schunckklasse (= gesattlgtes Homomorph) und g ¢ .(5~
irgendeine Klasse. Sei ) :Sg c § definiert durch: " X e Ag ‘S<-=> ‘

Die S-Pro'jektoren von X sind aus 4 ". Dann gilt :

Deutsche ’ : . : @
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(1) Ist‘g eine gesidttigte Formation und S = 5% die Klasse der
endlichen auflésbaren W -Gruppen, so ist ﬁ):gveine gesidttigte

Formation,

(2) Ist Y eine Schunckklasse, so ist (AQ:S)/\ N(g-) eine Schunck-

klasse, wobei N()g) die Klasse der Gruppen mit normalem g-Projektbr

ist. Pir ‘IS= 6\”, lassen sich die (*9:55 )/\N(%)—Projektoren leight

angeben: Sei G ein @—Projektor einer ¥-Hallgruppe H von X und K

eine w'-Hallgruppe von NX(G) , dann ist GK ein ( Y g),\ N( \s )-Pro-

jektor von X.

DADE, E.C. : Carter Subgroups and Pitting Heights of
Finite Solvable Groups

By a simple example, one can see that it is impossible to approach

- this problem in the manner of Thompson. In fact, the example is a'

solvable group S of arbitfary nilpotent length and a group A of
prime order acting as automorphisms of S, such that CS(A) always

has nilpotent length 2 .

DOERK, K. : Zur Theorie der Formationen endlicher auflosbarer

Gruppen
Ist F eine Formation, so hat T(F) =,{H|H~geséttigte Formation,

H< Fi} maximale Elemente beziiglich <. Im allgemeinen gibt es mehr

als ein maximales Element. Es werden nun zwei Klassen von unge-

sdttigten Formationen angegeben, fiir die es genau ein maximales
Element gibt:

1) NP ist das einzige maximale Element in T(YF), wobei Yg die
Formation der F-SC-Gruppen ist.

2) Ist PH die Formation derjenigen Gruppen, deren Praefrattini-

gruppen in der gesittigten Formation H liegen, so ist die Forma-

{PH(p)} erkldrt wird, das einzige maximal%)4§5




FISCHER, B. : Classes of conjugate subgroups of finite-soluble
groups ' :

Since Carter ] dlscovery of self-normalizing nllpotent subgroups‘,

- of finite soluble groups a number of canonlcal congugaoy classes
of subgroups have been found. A survey was glven on some results o

and open problems.

GOBEL, R. : Klassen perfekter Gruppen

Ist einer gruppenthedreti'sche Eigerisdhaft, so heift eine Gruppe G. ‘
eine N -perfekte Gruppe; wenn G der einzige Normalteiler N von G i -
mit n -Faktorgruppe G/N ist. Fiir die Klasse - = Ol der abélschen:
Gruppen ist AV-Perfekthelt die gewohnllche Perfekthelt W1r bewelsen
den folgenden ' | |
Satz : Ist v eine faktorenvereriliche gruppentheoretische Eigenschaft,
so sind équivalgnt: |

- (a) Eé gibt vén T‘verschiedene M -perfekte Gruppen.
() (b) 49-Perfektheit vererbt sich auf subkartesische PrOdukte.

(2) Es ist = "F die nur aus 1 bestehende Gruppenklasse. ‘

JOHNSEN, K. : Die Burnside-Algebra einer endlichen Gruppe

Die G-Mengen eiﬁer endlichen Gruppe G bilden einen Ring B(G), wenn
als Summe von G-Mengen die disjunkte Vereinigung und als Produkt das
cartesische Produkt mit naheliegender G-Operaéion definiert wird. Es

wurden SHtze iiber die arithmetische Struktur von B(G) und der Algebra

B(G) ® X (K- Kérper) angegeben.
7 A .

Forschungsgemeinschaft.
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HARTLE¥, B. :.The Stability Group of a Series of Subgroups

AA series of a gfoup G is a set (Ay, V; ; o & {)) of pairs of N

subgroups of G indexed by a totall& ordered set S and such that

(1) Vg 9he(Veel), (i1) F<T—> A_<V_,

(iii) G-1 =6]¢§é/\¢- Ve ); its stability group is the set of all
e

1 .«
X V& for

automorphisms a of G such that for each GE_Q, x
all x f\r. We describe the way the structure of the stabilityr
group is influenced by the natﬁre of the series, that is, by the
order;type of L) and the.way the subgroups comprising theiseries

~are embedded in G .

HEINEKEN, H. : Engelprobleme

* Engelprobleme sind alle Probleme, die mit der Gleichung x(n)oy % 1.
'“zusammenhéngen. (1) Welche GruppehAgeharen zu der von Gruénbérg de~-
bfinierten'Klasse E ? Man weiB, daf die aufldsbaren Gruppen, die
Gruppen mit Maximalbedingung und die mit Minimalbedingﬁng dazuge- .
hbren{‘z(Z) Wélche Vererbungseigenschaften hat E ? Sie ist nicht
faktorenvererblich aber normaitéilervergrblich. (3) Was weif man

fiir kieine n in der Gleichung ? Ab n = 4 herrscht groBe Ungewifheit.

<

KAPPE, W. :.?roperties which are inherited by products of
relatively prime index. A

Cali H a t*-product of M and N if (i) M and N are normal (ii)
fhere is a system'T of generators for H such that t1 mod M and't2
mor N have.finité anﬁ relatively prime ofder for all ti e T;‘If.

T = H satisfies (ii) we call H a ‘t-product of M and N.

Theorem I. Suppose E = {f(p)} is a locally defined formation.

(1) If each f(p) is inherited by t-products [t*-products] so is E.

Deutsche ' .
Forschungsgemeinschaft ©
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 r (2) 1f each f(p) consists of primary groupstonly then each.for;ilyt
bmatlon F < E is inherited bv t-and t*—products. | l

(3) If E is full and 1ntegrated -and inherlted by t-producta.

. [t* products] then each f(p) is inherited by t- products [t*—produots].yt

. Theorem II Suppose E is defined. by a commutator 1dent1ty, and V

LN is the class of locally n11potent groups., Then E:\LN is. 1nher1ted

by t- and t*-products,

KEGEL, 0.H. : Locally finite groups

~<Motivation for and.commentSron the foliowing probiems »

1. What can be said about the structure of a 1ooa11y flnite group G ify‘
41f every sectlon of G has a satisfactory Sylow theory (for prlmes e
vln a set W) 2 .

gé:Does every simple locally flnlte group have a local system con—‘;.“
s1st1ng of f1n1te simple groups ?

3, Is there a non-linear locally finite simple group G withroﬁe of

" the follow1ng properties :. | | | | . o

a) For some prime p,there is a max1ma1 elementary p—subgroup
of G whlch is finite ? '

b) For some prime p,there is a Sylow p-subgroup of flnlte ex- -

ponent in G ?
¢) For some prime p,there is a soluble Sylow p-subgroup in G ?

(The existence of such a group would imply that infinitely many "new"
- finite simple groups are involved in it.)

3', Is there a non-llnear locally finite simple group with some

Sylow subgroup hyperabelian ?

~

Is every non-lineartlocally finite simple group a limit of

finite symmetric groups ?

Deutsche . ' . . -
Forschungsgemeinschaft . . . ©
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- LEDLIE, J.F. : On Free Metabelian D -Groups

For m a set of primes, a D, -group is a group G with the
property that, for every element g in G and for every prime
p in ™, g has a unique p-th root in G. The collection of all
metabelian D -groups forms a fariety of algebras, so the notion
of free metabelian D]r -éroup is defined.
Two faithful representations of free metabelian D -groups are
established : The first is inside a suitable power series algebra
and resembles W.Magpus' representationkof free groups inside a

" 'free' power series algebra; this representafion implies that free’ ‘
metabelian D, -groups are residually torsion-free nilpotent.
The second representationvis infterms of two-byQtwo matriées and
is analogous to W.Magnus' representation of frée'metabelian groups
using two-by-two matrices. These two representations are utilized

to derive several properties of free metabelian Drr—groups.

LEVIN, F. : On the Laws of Free Nilpotent Groups

We demonstrate '
. i) a short proof that the variety of all nilpotent gfoups of
class < c (¢ > 3) is generated byfits free group of rank c-1.
but not by its free group of rank c-2 ,
ii) a basis fér the laws of a free nilpotent group of class ¢

and rank c-2 .

MACDONALD, Sheila : The Laws of PSL(2,p")

It is relatively easy to see the type of laws required for a basis
of a PSL(2,pn),'the difficulty lies in actually calculating them
in a specific case. We show how a property of the traces of the

coresponding elements of SL(2,p") assists, in this calculation, and

also give two types of law which hold for all p. :
DFG FDoerl;E;C:rfgsgememschaft . © @ ‘
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| M.AIER, R. : Groups in which all gquasinormal subgroups are normal

Let G be a finite group. Q is quasinormal in G, (Q < G), when QU"‘UQ

q
for all subgroups U of G (Ore). Every guasinormal subgroup of G is

subndrmal‘ in G. Let S 99 G. S is seminormal in G (S < G), when SX=X'S.'_
8
for all X <4 G. S is strongly seminormal in G (s < G), when S<Ww
sts . s '
for all subgroups W containing S. G is a g-n-group, when Q < G im-

plles Q 9 G. Let 0} be the class of all groups'G, such thatqall sub-
groups of G are q-n—groups. 0], is closed under taklng subgroups and B
homomorphlc images. K is oalled a crltlcal group, when K is no g-n-
group, but all proper subgroups and all proper factor-groups are . S
.q-n-groups. We characterize now the ola‘ss 0[, : . ‘

Theorem I. The following statements ars equivalenf:

a) ¢ e 0[, . _ _

b) S <U<G => FU) <N(5), (F(U) = Flttlngsubgroup

¢) T<U<G, T <HU) =>TaU, (HU) = hypercenter of U)
o sts o

d) No Sylow subgroup P of G has a factor U/M (M < U<pP)
- which is critical. '

The critical groups are determined by the following

Theorem II. K is critical <==> K = NYQ,N—-<n> Q—<s>, .
y=1 y-2
n? =sP =1, n®=n1nP .'."1withry_>_3andp7=l=8.
MEYN, H. : Zur Theorie der FC-Gruppen

Unter Benutzung der folgenden gruppentheoretischen Eigensch:a'ftenv
und Operatoren | ' |

CL = abelsch, & = endlich-erzeugbar, § = endlich, & = FC,

(9 = periodisch, ¢ = torsionsfrei, & ‘= schicht-endlich und

L % = lokal-X-Gruppen, L""QC = lokal-normal-J-Gruppen, ‘

7X= Gruppen G mit 6/2 € £ ,kX= Gruppen G mit G' 36 |

DFG Deutsche . o : ’
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X ;35' = Erweiterungen von - mit £'-Gruppen und
36@939 = zentrale Erweiterungen von Qé-'mit'gi'-Gruppen

wird folgende Kette ion Inklusionen bewiesen :

OZSQ&C'ZQ‘E . zL§ Lz?=L£,=LK3: KL_EFCK(QCOZ'

o
NI 22 < z?CLK?CKL"f -
Es ergibt sich u.a. ein einfacher Beweis eines Satzes von

¥ernikow;'der die FC-Gruppen wie folgt charakterisiert:

® & = (Ta) ® L*F.

|
|
MORAN;>S.: Dimension subgroups modulo n S '

Let D h(G) denote i-th dimension subgroup of G modulo ph and .
. i,p : . a -
AF h denote the evaluation of D h(F) given by Lazard for a
i,p : i,p ‘ )
free group F. Then D h(F/N) =F N/N for an arbitrary p-group:
,p : :p - .
~ F/N and all i < p. However,. there exists a flnlte p group
} - _h+1 2 h-1 _ 4 4
. F/N = {x,y; xP =.yp =1, xP =[x, y]} with the property that
D n(F/N) + P n ¥/N for every h > 2 (except when h = p=2).
p+1’p . p+1,p ,

NEUMANN, P.M. : Pseudo-abelian varieties of groups

There is a problem of great importance for the general theory of
varieties'- namely, does there exist a non-abelian variety which
contains no non-abelian finite (equivalently no non—abeiian soluble)
greups ? (Problem 5, p.42, Hanna Neumann's book). This problem
arises in extraordinarily many investigations in the theory of

varieties. The point of my talk is to propoundthe

DFG Deutsche
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- Vermutung: In such a variety (a pseudo-abelian variety),

: 4.‘ Given that there are such, how many are there ?

Deutsche

Forschungsgemeinschaft ) . : . . © @ -

every group is a t-group (i.e. subnormalisubgroups are norﬁal);

NEUMAﬁN, P.M., : Varieties of groups'as‘categeries

A survey of those parts of the general area of varieties ef'

groups which are particularly motivated by questions from uni-
versal algebra and category theory. In particular recent work on
the problems:

1. When are left-cancellable morphisms in a yariefy ‘surjective , ’

2. Which varieties admit a "generalized free produet with
amalgamated subgroup" ? ' '

3.,'Is there a cohomology theory for a varlety, which classifies
extensions in dimension 2 ? o

5. In partlcular, are the cohomologies defined by Burr and Beck
by Andre, by Rhlnehart etc. all the same ?°

NEWELL, M. : Soluble min - by - max Groups . : .

A group G is called a min-by—max.groupmif it is an extension

of a group satisfying the minimal condition on subgroups by a
group which satisfies the maximal condition on subgroups. We

call a groﬁp critical if it.is an extension of a periodic abelian
group by a torsionfree abelian group and prove : |
"A radical group G is min-by-max if and only if its nilpotent

critical subgroups are min-by-max,"

1]
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POMMER, H. : Fortsetzung von Funktoren bei topologischen Gruppen

Es sei S die Abbildung, die jeder endlichen Gruppe die‘Menge~aller
ihrer p-Sylowgruppen zuordnet. S 148t sich auf die Klasse aller
pro-endlichen Grﬁppen fortsetzen. - |

In diesem Vbrtrag werden zwei Wege gezeigt, wie man diese konkrete
Situation verallgemeinern kann. Dabei erweist sich die kategorien-
theoretische Sprechweise am angemessenstén: Ih dei Anwendung der
gewonnenen Ergebnisse'Wird auch von subnormalen Untergruppen und

Sylowsystemen (bzw. Verallgeméinerungen davon) die Rede sein.

"POWELL, M.B. : "Disjunctions" of Groups
n .

'If {wi}i=
‘that the group G satisfies the disjunction WiV WoVveeo VW, if

] is a set of words of a free group F, we shall say

- for every homomorphism (b: P — G, wiq> = 1 for at least oné

value of i. From a disjunction we may construct words which aré_

laws of evéry group satisfying the disjunction, and, what is.

more important, which allow us to recover the disjunction in certain
groups - e.g. ﬁon—abelian simple groupéi—“haiing these wordé as
laws. . This procedure may be applied to derive laws of thé.twé—
dimensional iinearsgroups (over a finite field) which are-sufficiént :
to ensure that the variety they define is locally finite. .

[The above is essentially due to R.M. Bryant.]

RAE, A; : Soluble groups possessing a normal local system of
finite subgroups ’

A local system > of finite subgroups is normal if U,V e 3.,

U<V=Ug93YV, Let;ﬁ denote the class of groups possessing such

Deutsche .
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Problem : Are maximal p-subgroups of-éf—grqups iéomorphic’? , -
. Theorem :'If G e 4 2Asl (soluble and },) then G modulo its
Hirsh-Plotkin radical is f.c. The locally nilpotent residual
of G is generatgd by finite normal subgroups of G‘
Cor. : Maximal p-subgroups of soluble ae-groups are isomorphic
modulo the Hirsh~Plotkin radical of G. |
Examples : There exists anA(»+30<%,)-group whdse maximalv2—sﬁbgroqps
are not locally conjugate; aﬁd an (;4?21\ &£ )-group of expon»ent' 6 .

whose maximal 2- and maximal 3-sﬁbgfoups are abelian and self

normalizing.

VROBINSON, D.J.S. : Groups which are minimal with respect to
normality being intransitive

A T?-groug is a group in whichvnormality is a transitive relation;

other groups are called non—f;—groupst A minimal non- 'F-group

is a non- J-group all of whose proper subgroups are 7 -groups.

While the existence of infinite minimal non- ?;fgroups is prdbl.e- ’ .
matic, the finite minimal non- F-groups can be completely determined
and this classification accounts for all minimal non- '} -groups. -

which are locally finite or 2-groups or SJ-groups in the sense of

Kuro¥. ' , ~ o 4

ROBINSON, D.J.S. : Finiteness conditions and solubility

This is a survey of progress in the theory of soluble and generalized
soluble groups subject to finiteness conditions. First of all: soluble
groups whose abelian factors have their components all of finité

- rank are discussed. Then some of the generalizations of the classical

DFG Deutsche .
Forschungsgemeinschaft ©
L ) o P




DFG

- 15 -

theorems of Mal'cév.and Xernikov (onAsoluble groups whose abelian
subgroups satisfy the maximal or minimal éondition) are described.
Finally P. Hall's fheory of finitely generated soluble groups is

discussed and some applications given.

ROSE, J.S. : Splitting of extensions and the faithful irreducible
representations of some monolithic groups

Proposition: Let G be a finite monolithic group whose unigque
minimal normal subgroup has order 2, |G| > 2. Let p be a prime

= =1 (mod 4). Then any faithful irreducible representation of G

over GF(p) has even degree.

ROSEBLADE, J.E. : Centralizers in finitely generated nilpotent groups

Let G be a finitely genefated abelian by nilpotent group. I shall
discuss and prove two theorems whidh I have proved with my étudént
J.C.Lennox. |

" (A) There exists N = N(G) so that any subgroup H of G has upper.r
central height at most N. A '

(B) There exists N = N(G) so that for all i O-and all x in G
the inclusion CG(xi) < CG(xN) holds.
(B) has as a consequence that ’

(C) G satisfies the maximum condition for centrélizers.

Both (A) and (B) extend easily to the class (BL2¥) Max - n.

~

ROSEBLADE, J.E. : The join problem for subnormal subgroups

Let & be a class of groups. & is coalescent <==> whenever
H and K are subnormal ¥ -subgroups of a group G then < H,K >

is also a subnormal ¥ -subgroup of G. A survey will be given of

the present state of knowledge about coalescent classes.

Deutsche .
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| SANDLING, R.:: The Dimension Subgroup Problem

}I will prove two results about this problem‘:

1) Every finite p—group'is containsd.in ons which satisfies theii
dimension subgroup conjecture. B

'2) Abellan-by—cycllc groups satlsfy the congecture;

I w1ll also show that the subgroups attached to the Lie powers"

of the argumentatlon 1deal give some ev1dence for the possible

truth of the conjecture and thaf they suggest that'even.stronger

theorems may hold.

SCHOENWAELDER, U.F.K. : Normal Subgroups Containing Their Centralizer

We showed how one can obtain the foliowing two results (and similar
ones) from a general pr1n01p1e formulated in terms of subgroup
theoretical propertles. Every flnlte p-group G has a characterlstlc
“subgroup N with aCfG(N) = }(N) and N/Q(N) c _Q,‘ é(G/}(N)) EFelt -
Thompson]. Every hyperabelian group G has a normal subgroup N with
L (N)'=='3(N§'and N/S(N) abelian [Baer]. |
The parameters involved are a sublattlce Vv of the lattice of normal ‘
subgroups of the group G, subgroup theoretical propertles a and B
onv, a [v,a]-lmmersedrv -subgroup R of G with (R,G,G) € B and
a centralizer function c¢: V ———>'v‘replacing “7G' Suitable hypo-
theses on a,f and ¢ guarantee the the existence of a Vv —subgroup N
with (e N,N, G) ca, (¢ N,cN,G) € B and cN/c N centralized by
3(G mod R); here c oF =N n cN.

Deutsche : ’
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SEITZ, G.M. : Modular;p-Groups and Formations

I will réport on joint work with Professor C.R.B. Wright.

If P is a modular p-group ( p > 2 ) then we prove that either

P is abelian.or there are subgroups P1 < P2 of P such that

P,,P, are characteristic in P, P1'§.d)(P) (the Frattini-subgroﬁpﬁ
of P) and P2/Pi is éentrélized by %he full automorphism group_of'P.
Combining this theorem with work of H.N. Ward and'WOfk of
B.Huppert'We thain restrictions on‘the 33?residual of solvable..

groups.

STONEHEWER; S.E.: The Join of Finitely many Subnormal Subgroups

~ Let ¥ be a class of groups closed with respect to taking normal

subgroups and epimorphic images. Suppose that X contains the classf

of abelian groups. Let G = < His i=1,2,...,m >, H; <%, 1<izm.
Theorem A, If Hi e X, 1 <ic< m, then G has a finite series, of

length f = f(m,n), with residually~-¥ -factors.

Taking X to be the class of soluble groups of derived length < d,

we have the following result, answering quesfions of Robinson,

' Roseblade and Stonehewer.

Corollary. The.join of finitely many subnormal soluble subgroups is
soluble; of derived length bounded by a function of the separate de-
rived lengths and subnormality indices. |

Theorem B. LetlH; < Hi’ Hi/H; e X, and suppose'H; has no non-trivial
X -quotients, 1 < i < m. Then G* = < H¥; 1<i<m > = H?Hg.;.H$ < G,
G/G* haé a finite series, of‘length f = f(m,n), with residually-X-
factors, and G* has no non-trivial &-quotients.

When X is the class of soluble groups of derived length < 4, this

generalizes a result of Wielandt (1955), where it was dssumed, in

Forschungsgemeinsc!

cehaddition, that G has a composition series. ' C)éis




i)FW:

. A periodic 1oca11y soluble FC-group G poésesées covering F’—sub-'

,Ax vért By, so ist G nicht einfach. Etwas schirfer kann man zeigen:

Aus G = AB

~ | Bh-1 An-1 ‘ »
weiter A = A , B. =3B ") findet man: Ist G endlich, A,B < G

~aus diesen Voraussetzungen folgen.

2. Zu einer brauchbaren Definition verallgemeinert subnormaler Unterﬂ

- 18 -

'TOMKiNSON, M.J. : Pormations of Locally Soluble FC-Groups

groups and any‘twovsuch subgroups are locally conjugéte in G.
These subgroups are constructed from the covering :I—subgroups ofri.g
the finite factor groups of G using the fact that G/% iéAresidUally
finite. To prove that the subgroups constructed have the necessary .

covering property one first consider the properties of J'-normallzers

of periodic locally soluble FC—groups. : . o ‘ b

WIELANDT, H. : Subnormalitidt und Vertauschbarkeit

1. In einer endlichen Gruppe kann man dievExistenz von Normalteilern

mitunter aus dem Satz von Kegel erschliefen: Ist AB + G; A,B+1; |

G G

= BA” und A vert BY folgt G = AB. Zusammen mit einer

Verallgemeinerung der Normenreihe ("Fiir A,B < Gfsétze man Aé = Bo= G,

n
B LA

und filir alle x,y e G stets A* vert By, so ist A"A B subnormal in G.

PrEE

Offen bleibt die Prage nach allen Subnormalitdtseigenschaften, die . o

gruppen kommt man vielleicht, indem man in endlichen Gruppen die subJ
normalen Untergruppen durch Vertauschbarke1tselgenschaften kennzelchﬂ

net,

Dieter Blessenohl (Kiel) ‘ ;
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